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OT® aBTOpa.

[Ipn BHMmMaTenbHOMD® mpocmoTph npusegeHHo# Bb KOHUB HacToswed
KHUTH TPOrpamMMbl BCTYMMTENLHLIXD 3K3aMEeHOBD no ApuemeTuk’d BbH Cre-
HiaNbHLIXD BHICWKUXD YYEOHLIXD 3aBEleHisXb, HETPYAHO Y6BAMTbLCA, YTO
HA OJHO M3Bb CYILUECTBYIOLIMXD HA PYCCKOMD fA3bKHE OPUrHHANLHBIXD M
nepesojHBIXs PYKOBOACTBL APHEMETHKH He JaeThb nojHaro OTebTa Ha
6cib NYHKTH Tporpamme, [axe nyyuee uHauGoibe nonHoe pyKOBOACTBO
BeprpaHa — Bunubuua, cojepka HecpasHeHHO Oonblue MaTepiana, 4BmMb
3TO TpelyeTca BHIUEYNOMAHYTOH NporpamMmoil, He fnaeth OTBbBTA Ha HB-
CKONbKO € MyHKTOBbL W MO3TOMY HE MO¥eTdb BNONHE yI0OBIETBOPUTHL
NOTPECHOCTH MONOALIXE Jfed, rOTOBAIMXCS Kb NOCTYMIEHIK Bb TeX-
Huyeckie MHCTUTYTH. DTO OOCTOATENLCTBO, PaBHO KakKb M ciabasi, Bb
GonbwMHCTBS ciayyaesb, NOCTAHOBKA NpenojaBaHis ApPHEMETHKM Bb Bbl-
NyCKHBIXb KNaccaxb T[UMHA3id ¥ pealbHHXb YUMIMLUb, OTpakaeTcs
BECbMa TMEeYaJbHO HA KOHKYPCHHXB MCOHTAHIAXD Bb CHelialbHHEXD
yue6HEIXh 3aBefleHisXx’b, oco6eHHo BB [opHOoM® WHCcTMTYTB, rab Ha
ApvemeTHKy o6palieHO 0cOo60e BHMMaHie, U rah MO3TOMY OKONO mpemu
BCEX'D 9K3aMEHYIOLMXCS NOAYYAlOTh N0 ApuemMeTHKD HeyNOBAETBOPUTEb-
Hblsl OTMBTKH, U TaKMMBb 06pa30Mb JIMILAIOTCA BO3MOXKHOCTH NMPOAOMKATH
9K3aMeHbl.

[peanaraemuiit «Kypcs TeopeTuuyeckoii ApuemeTHKH Bb o0hemB npo-
rpaMM’b BCTYMUTENbHHXD JK3aMEHOBDL Bb CleliaibHHXD BHCUIHUXD Yuel-
HbIX'> 3aBeleHiAXDb», KaKb MNOKa3hHBaeTh CaMO 3ariaeie, sBISeTCH NOJ-
HbiMBb OTBETOMD Ha ecm BONPOCH, KOTOpPHE MOTYTH ObiTh TNPEAIOXKEHHI
aK3ameHyloWnUMcs Bb pa3iuyHbixb MucTuTyTaxs. KpomE Toro, xenas
cabnatb 3TO PYKOBOACTBO MNPUTOAHBIMD AN TMOBTOPHTENLHAro Kypca
ApueMeTHKHM BB CTapuMXb Klaccaxd Cp.-yyeGHBIXD 3aBeleHiil, ik
nporpamma rnpenogasaHis Hbckonsko o6wupHbe Tpe6osawiii, npeabaBase-
MbiXb Bb WHCTHTYyTaxb, MNPUILIOCH ~BCTaBUTb HBCKONLKO TEOPEMB,
KOTOPHISl, KAKD HEHYXKHbisl I KOHKYPCHHX> 3K3aMEHOBD, OTNeYaTaHbi
MENKUMD WpHGTOMB. TaKoBsl, HANP., TeOpeMb 06 06LEeMDd HauGoIblIeMD
n:mm'rent M O HAWMEHbIUEMD KPATHOMD /IS #ickoaskuars 4Yucenrb, 00D
o6wemMs npu3Hakb abaumocTH W HBKOTOpPHSA Apyris.

Mpu cocrasnedin 3TOH KHUrM ObUIM MPOYMTAHH OYEeHb MHOris pPYKO-
BOJACTBA TEOPETMNECKOH -APUOMETHKH, HauyuHas Cb KIaCCHYECKMX'b Kyp-
cosb Beprpana-Bunn6uxa u Ceppe, ¥ KOHYasi OGIIEN3BBCTHHIMM 3EMEH-
TapHbiMU yyeOHuKamu Kucenesa, Manununa u Bypenuna u ap. Bch ma-
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Tepianel NOABEPrajnch OCHOBATENLHOW nepepaGoTkK® cooTBBTCTBEHHO MO-
PAAKY nOCABRoBaTeNbHATO W3NOXKEHIA MNYHKTOBD MNPOrpaMMu U obiemy
YPOBHIO MaTeMaTH4YEcKaro pasBuTia yuyawuxcs, A5 KOTOPbIXb NpejHa3Ha-
yeHa 3Ta Kuura. OcoleHHoe BHMMaHie OGpaleHO Ha TO, 4TOGH Ha BCH
NYHKTH Mporpammbl ObIb laHb OGCTOATENbHBI M CTPOro A0Ka3aHHbIM
oTBbTH. Cb 9TOH UBALI0 HPpULIIOCH, 106aBUTh HBCKONLKO TeopeMb, Gedb
KOTOpPHXb MOCTpajgana Osl CTPOrocTb M nocnbaoBaTeNbHOCTh HW3A0KEHIq.
Takosw, Hanp., TeopeMbl O PaBHOOCTATOYHOCTH uucenb (§§ 48 m 49),
no4YemMy-TO He BOLIEAWis BH MNporpammy, HO Ge3yCIOBHO HEOOGXOAUMBIS
JUIsl CTPOTaro M3JI0XKeHis Teopin nepiognyeckuxsb ApolGed, u HBKOT, aApyrid,

‘menbe BawHubid, lns 06GneryeHis BO3MOXKHOCTH TWCbMEHHAr0 M3J0XKeHis

ycnosis Teopems npu oTebTh, BBEfeHH HBKOTOpHIS NOJNE3HBS COKpa-
HWeHHbIsl 0603HaYeHiss, KaKb-TO:

oem. (a:b); waem. (a:b); o. u. 0. (a:b); n. xp. (a, b),
0603HavaoLia coOTBETCTBEHHO:

OCTATOKB OTb AblieHis a Ha b; yacTHoe OTh AbaeHis a Ha b; oGwii
HauoobIid ABINTENL yMcenb @ ¥ b; HauMewbllee KPaTHOE YHCeNb a W
b. MNonoGHbIS cOKpallieHis AaloTh BO3MOXHOCTb 3aNUCHIBATL YC/IOBisS TEO-
pems HBCKONLKUMH OYKBAMM, YTO NPEACTABISETH 3HAYHTENLHOE YAOGCTBO
SIS 9K3aMEeHYIOLMXCA.

HacTosuee pnecatoe usjaHie ApnMeMeTHKN INepeneyaTaHo Cb OUYEHb
HE3HAYUTENLHBIMU U3 BHEHISMU NPOTUBD €BSTAT0, Bb KOTOPOM® MO Cpa-
BHEHII0 C'b MPEWHUMH U3[1. Ouinu cabnansl HEKOTOpHs nepemBHbl u noGasine-
Hig, cooTBBTCTBYIOWIA HOBBHWMME TpeGoBaHiAMb HA 3K3ameHd no Apue-
meTuKB, rrasHbiMb 00pa3oms, Bb [opHomd UHCcTHTYTH, rab nonpexHemy
3TOTB 9K3aMEHb BAAETCH POKOBBIMD Ul GOJbIIMHCTBA 3K3aMEHYIOLLNXCS.
Bch BHOBb BHeceHHme maparpadsl oTmbBueHbl GYKBO# a, 4TOOH HE Hapy-
waTh HyMepauin, ¥, TAKHMD 06pa3omMb, Bb KHUI'E OCTANOCh MOTpeXHEMY
150 naparpadopb, HeCMOTpPsS Ha yBelWYeHie es 00hbemMa 10 CPaBHEHID Cb
nepeuiMU U3AaHiamu. Bb TenepeiuHemd Buagb npemnaraemas Kuura snondb
orebyaeTs HOBBHIIMMD 3K3aMeHAUIOHHBIMD TPEGOBaHIAMD.

B Bupy cosepuieHHo HesBposiTHaro B3popoxanis G6ymaru (Ha 400 °/,
W Bhilie) u Tunorpadckuxbs pa6oTs (Gonbe ubmb Ha 1000/;) cTOoMMOCTD
KHUIM MOBHILEHA Cb 75 K. A0 1 py6. Hanbiock, 4TO KO BpeMeHH BhIXOja
cabaywowaro u3nanis r. r. 6ymaxHole (GaGpHKaHTH W TOProsubl GyayTb
COKpalleHbl M OKaweTCs BO3MOXHBIMB BEPHYThCA Kb npewHeid ubub,

Cerralpe 1916 roxa.
Ji. Wmyrebuus.
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ApuemeTHyeckia AbHCTBIA HAAD WbAbIMM
YHCAAMH.

B R AT
Cnomenie W BbluMTaHIe.

|. ONPEABNEHIA. Cymmo# asyxs wnu whCKOABHWXB Ykcens (cha-
raembiXb) Ha3biBAGTCA YWCHO, COAepMallee CTONbHO eAMHHLDL, CHONBHO
HXb 3aKnwyaercA Bo Bchxm AaHHbIXb uKcnaxs, BMBCTh B3ATHIXB.

Cnomenie ecte abiicreie, npu nomoww wotoparo onpeabnserca
cymma ABYXb HAW HBCHONBKHXD 4HCEN®.

PasHoCTbI0 geyxs umcens HasbiBaeTcA TaKoe TPeTbe HHC/HO, KO-
Topoe Gyayyw npubaBneno Wb MeHbWeEMY W3b AAHHBIXL YHCEND (BhIYM-
Taemomy) BOCNPOM3BOAKT® Gonbwee (ymenbwaemoe).

BoiuuTaHie ects abhcreie, npu nomows Kovoparo onpesbaseres
Pa3sHOCTbL ABYXb YHCEN®.

2. JIbiicTeie caomeHii 0603HAYAETCH BHAKOMB -1, KOTOPHME
NPOH3HOCHTCH ,n410ce“;, PABEHCTBO JBYX'H BeJHYHHD 0603HAYAETCH
SHAKOM: - , KOTOPHIil NPOMBHOCHTCH ,pasno®.

Hanp., paseHcTBO a-}-h=—¢ NOKa3HBaeTH, YTO CyMMa ABYXD
9ACeND ¢ ¥ b paBHA YHCJY c.

JiBiicTBie BHYHTaHiA 0603HAYAETCHA 3HAKOMD —, KOTOPHI ITpoH3-
HOCHTCHA ,munycs®. Tars, HANP., PABEHCTBO ¢ — b— ¢ HOKA3HBAETS, ITO
PasHOCTH IBYX'H YHCeNH: a W b paBHA YHCAY e.

Kpomk 3makoss -, —, = II0J1€3HO 3aMBTHTH ellle 3HAKH wepa-

1



Loy g

sewcmea > W <, KOTOPHE YHTATCH Goavwe W vewswe. Hanp., Hepa-
BEHCTBA

a+b>c;a—hbh<d

€00TBETCTBEHHO WOKA3HBAITH, YTO CyYMMa YHCEeNs a H b Gonbmie
9ECHA ¢, B 9T0 PadHOCTb YHCENb a M b MeHslIe d.

3. Ecam 060sHaunTs GYKBOHK ¢ PAsHOCTb ABYXD YHCENH @ H b,
TO H& OCHOBaHiH ompexBienid moHATiA 0 pasHocTH (§ 1) MoXHO CKa3aTH,
4T0 ¢, GyAyYH NpuGABISHO KB b, 1acTh ¢, T. €. BHBOJUMD 3aKJI0-
qyeHie, 9T0 PABeHCTBA:
a—b=c¢c
H bte=a

BIOJHE paswocussnos B MOTYTH 3aMBHATH APYrH Apyra.

H3b 3THXD ke PaBEHCTBH BHIHO, YTO ymewvwiaew e 6ce10a PasHo
CYMMIL BHLIMUWMALMALO U PASHOCIU.

ITosmomy Moocud exaszamv, wmo evivumanie ecms Oniicmeie, obpam-
HOE CAONCENiNN: 6B HeMB MO 0aHHOl CYMML (YMEHPUIGEHOMY) U OOHOMY Ulb

CAQLAEMIITD (BLINUMAEHOMY) HATOOUMCA GeIuNUKA OpPYL010 caaiaeraro (pas-
HOCMB).

4. Havana, Ha KOTOPbIXb> OCHOBBLIBAGTCA TEOPiA CNOMEHIA W Bbi-
YHTAHIA.

|. Beanwynna cymmbl He 3aBHCHTDL OTb NOPAAKA CAAraembiXb.

CopaBeaamBoCTh 5TOr0 HavyaJga BIOJHDB odeBH/IHA, TAKD KAKD
Bb KaKOMB OH mOpANKkB HE CoelmHATH JAHHHA YHCIA BB 06IIYD
CYMMY, 9HCIO eJHHHIIB, 3aRINYANIIAXCA BH KAKIOMD H3D CcJjarae-

MHXB, 0CTaeTCfl HeHsMBHHHMB, a IIOTOMY H CyMMa HXB n3nMbHATHCA
HE MOKETB.

2. Benuunna cymmbl He M3mBHMTCA, €CAM PABNOMHTL AAHHBIA Yk=
cna Ha WECKONBKO OTABABHLIXL YacTell, CAOMNHTL 3TH YaCTH OAWB Cb

APYTHMH Bb KAaKOMb YroAHO NOPAAKS W NONYHEHHLIA CYMMbI COGAWHNHTD
Bb OJHY.

SleHo, 9To mOMyYeHHHE TAKEMB 06pasoMB Pe3ydbTaTh OyAeTh
COZIEPIKATB 6en wacmu NAHHHX'D YACEN'D, & OTOMY GyIeTh UXb CyMMOM.

Ipumnvanie. Hasano 310 jaerh BOBMOKHOCTH UPHBECTH CIOKeHIe IBYX® Ka-
KHXB JTOJHO YHCENB KD CIOMKEHID YHCENh, MEHBIIHXDH NECATH.

3. Ecnu gBa uMcna pasnomeHbl Ha OAHO M TO-We 4HCNO yacTed
TaKb, YTO YaCTH MEHbIIAr0 YMCNA HE MPEBbIWAKTH COOTBBTCTBEHHbLIX®

yacreii GobWwaro, To Pa3HOCTb ITHXB YWCeNs paBHa cymmb pasuocTed
cooTBBTCTRYIOWMKX L HacTed.
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4. PasHoCcTb [ABYXb YHCenn He M3MBHAGTCA OTL YBENHYEHIA MXDb
060MXs HAZ OAHO M TO-HE YWCIAO.

CropaBelJiEBOCTD HAYah 3 H 4 HENOCPeJCTBEHHO BHTEKAETD
u3b cabiaHHEAro BHIIe ompejabienis BEYHTaHIA.

5. Ecam Hagh HeBHYHCAEHHHMD e€IIe pesyJbTaToMB KaKoro
Hr6yap ABicTBiA XOTATH NpoH3BeCTH HOBoe nBiicTBie, T0 BHpameHie,
cojlep:xallee yKasaHie mepsaro IBHCTBifA, 3aRINYATH BH CKOOKH,
nepeas KOTODHMH CTaBATH SHAKDB, BHpaXaoINid Bropoe xbiicraie.

Tar’s, HaIp., €CIH Kb YACAY a HANO NPEHGABHTH 3apaHBe BHYA-
CJIeHHYI0 PasHOCTh YHCeNh b H ¢, TO 3T0 MOKeTD GHTH 0603HaYeHO TAK'D:

a—+(b—e¢).

Ilomo6HHMD e 06pasoMB BHpameHie

a—(b-e¢)

NMOKA3HBAETh, YT0 H3h YHCJIA ¢ HAJO BHYECTh CPasy BCIO CyMMYy 4YH-
celd b | ¢; Takxe
a—+t(b-+e)

0603HAYaeTh, YTO KB YHCAY a HANO NPHGABATH CYMMY 9YHCENH b H
cHT I

6. 3AMBYAHIE. [[nanpaBrnsEare yesoenis Jansubiimaro Kypea,
09eHb BaiKHO YMBTH pasimuaTh YCJOBifl, veobzodumvia NIA CYLIECTBO-
BaHiA Kaxod HEHOYAb HCTHHH, OTH YCJIOBill docmamounvizs.

Ycuosie HasHBaeTCA weofzodumviaz, €CIH IPH HeBHIOJHEHIH
ero JaHHad HCTHHA He HMBerTsh MBera. Tak®, Hanp.: AJf TOrO, YTO6H
H3B YHCIA @ MOMKHO OHIO BHYECTh YMCIO b, weobzodumo, 9TOCH a
610 Goabure b, TAaKh K3KB BB NPOTHBHOMD cIydab BB apHeMeTHRD
nbiicTeie BHIYHTAHIA HEBO3MOMKHO.

Ycaosie HazHBaeTCA docmamowwsiws, €CIHM IPH cOGMOUEHIE ero
Hangad HcTHHA BMBers MBero Gesycaosno scerda. Tar®, Haup.: mus
TOro, YTO6GH W3B YHCJA @ MOMKHO GHJIO BHYECTh YHCIO b, docmaniouno
yeaosie, YTo6H a GHUI0 Gosbore b, TAKDL Kar® NPH COGINIEHIH 3TOTO
YCJI0Bis BCEraa *) MOKHO HAalTH pasHOCTH @ — b.

HakoHens, ycioBie HasHBaeTCH weofzodumvivs w 0ocmamounsims,
€CJIIH OHO YIOBJIETBOPAETH OGOMMD BHIIENDHBeACHHHMD TpeGoBa-
HigMb. Taxs, HaUp., pascMaTpHBad NpPeAHAyILie NPEMEDH, MOXeMD

*) Ouesunuo phye HAeTH O6E OME.LCUCHHHLS THCIAXD, TAKD KAKB, BB Caydah
WECOND UMENHOBANHH TS, Heobxoaumo eme, 9To6K 9Heaa a u b GHIH 0dHOPOINY.

1*



CKa3aTh: AJA TOro, YTOGH HM3'h YHCIAA @ MOMHO OHJIO0 BHYECTh YHCJIO
L, weobzooumo w doemamouno, YTOGH a GHI0 Gonbile b.

7. TEOPEMA *). lnn Ttoro, 4ro6bl NPUGABHTE Hb YHCAY CYmMMY
ABYXs MAM WBCHONBHMXB YWCens, AOCTATO4HO npubasuTs nocnbpopa-
TenbHo BCh cnaraembia 3TOH CyMMbl.

Ipedyemea doxasame opryay:
a+(bt+e)=a-+b-+c?

CrnpaBeIHBOCTD 3T0H (OPMYIH HEIOCPeICTBeHHO BHTEKAELTH
3B 2-T0 Hagajga CAoMkeHis (§ 4), TAaK'D KaKD Ha OCHOBAHIE 3TOTO
HAYAJIA MOXKHO 49HCHO (b-¢) PasioXHTh HA OTABIALHHA 4acTH ! H
¢ W CIOMKHTh TOCHBIOBATENBHO STH YACTH CBH YHACIOMD a.

Hrars:

a-t(b-}+e)=a-+}b—e¢, 9TO ¥ TP. JOK.

8. TEOPEMA. fnr Toro, yTofui npuGaBMTh Kb YHCAY PasHOCTh
ABYX®> YHCeNb, AOCTATOYHO NPMGABHTL yMeHbAemoe W RBbiMecTb BbiYk=
Taemoe.

Tpebyemes doxasams dopyy.ry:
a+(b—e)=a-|b—¢e?

Ecnm-6H MH KB YHCIY a NPHGABHIE TOJBKO b, TO TOJNYYHB-
masfcs OpH STOMB CyMMa a-}-b He mpeicTaBisia-GH TpeGyeMaro
pesyasTaTa, Takh Kakh MH Kb a NPHGaBANE b eWHALB, & HYXKHO
6HI0 OPHGABHTH Ha ¢ eJIEHHIDG MEHbIIe; YTOGH . HCIPABATH enbaan-
HYD TAKAMB 06pasoMd OMMORY, HYXKHO O0TH a-i-b OTHATH €lle e
eTHHAD, 4TO JaCTh a-+b—ec.

Hrars:

a-(b—e)=a-}b—e, 9T0 ¥ TP. JOK.

9. TEOPEMA. [ins Toro, uro6bi BbIYeCTh W3b YHCAA CYMMY ABYXb
MAM WECHONBKMXDL YHCEeNs, AOCTATOYHO BbIYECTh NOCAEAOBATENBHO MaM-
A0e M3b charaembiXb 3TOH CYMMbI.

Tpeoyemen doxasamev hopyyay:

a—(b-le)—a—b—e?

*) Teopemoii nasuBaercs NpeANoxeHie 6e3yCAOBHO CHPABEANWROE, EO Hes
BUOAHD oueBMIHOe, & moTOMy Tpe(yoIlee NOKA8ATeIbCTBA.
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Ecnm 65 Tpe6oBaJIOCh H3Bh YHCJIA & BHYECTb TOJBKO b, TO HC-
KOMAs PA3HOCTh GHJA GH a—b; HO HAMD HYXKHO BHYECThb HA ¢ efH-
HAWB OGoupme 9BMB b, a MOTOMY HAMO0 OTH PasHOCTH a— b OTHATH
elfe ¢ eTHHALD.

Hrars:

a—(b-+¢)=a--b—e¢, 4T0 H TP. JIOK.

10. TEOPEMA. [ns voro, 4Tobbl BbI4ECTh W3b YHCAA PASHOCTH
ABYX®b 4YMCeNb, AOCTATO4YHO BbIYeCTb yMeHbluaemoe M ﬂ'ﬂ“ﬁllﬂ'ﬂl BbiY¥-
Taemoe.

Tpe6yemen doxasamv Gopyuyay:

a—(b—e)=—a—0b-|¢?

Ecam O6H Tpe6oBaJoCch H3B @ BHYECTH TOJNBKO b, TO HCKOMAA
pasHOCTh OHIa-6H a—b; HO HAMB HYKHO BHYeCTh He b, a b—u¢,
T. . HA ¢ eAHHAND MeHbIIe, IBMB b; mosToMy pasHocts a—b Gy-
JIeTh Ha ¢ eHHUU> MeHbIIe MCKOMOIl, a cabx., ara mocabguaa 6y-
Hers a—DIb e

Hraks:

a—(b—e¢)=a—b-ec, 9T0 H Tp. IOK.

I'JIABA IL
Ymuomenie ubnbixs uyncen®.

| 1. ORPEAG/NEHIA. YMHOMHTD Benwukny Ha ubnoe uMcno 3wa-
YHTL: ROBTOPATL AAHHYI0 BeNIHYMHY CRaraembiMb CTONBLKO pass, CHONbKO
Bb ITOMB YMCAE COAGPMMTCA GAWHMUD M BbIYHCANTL NONYYEHHYI CYMMY

JlaHHAHA BeJHYHHA HASHBACTCH MHOMCUMBIMG THCIO—MHONCUME-
Aems; TIONyYeHHAA CYMMa—npouseedeniems.

MHo®HEMOE ¥ MHOMKHTEJIb HABHBATCA HHOIMA MPOUSE0OUMEAAML
JAHHArO ITpON3BeJeHid.

YMHoKeHie 0603HAYAETCA 3HAKOMB > HMJH IPOCTO TOUKOM (.).
Ecnm ydcia BHpaXeHH -6yKBAMH, TO 3HAKA YMHOXEHiA MOXHO # He
nacats. Hamp., a yun'oxeﬂuoe Ha b MOXHO IHCATh a X b; HIA a . ¢,
HJH, HaKOHeWDB, MpocTo ab.

Ha ocHoBanim cabnamnaro ompenbiaenia mbiicTsid yMHOMeHiA
oBIHXD YHACENH MOMKHO HAIIHCATH:

aXb=a4atat.... .ta

I pass.



12. TEOPEMA. Benwuwna npowssepemin AByXb 4YMcens He wamb-
HHTCA, @CAH NepeMbBHHTL NMOPAAOKL MPON3BOAMTENEH.
Tpe6yerca HOKasaTh, 9TO
a.b="b.a?

B camoM® nBab, yMHOXRHTH ¢ Ha b 3HAUATD NOBTOPHTH b pash
CHAraeMHMB YHCJIO a, WJIH, YTO OAHO M TO-Ke, KAXKAYD H3b 4 elHu-
HEAL'B, 06pasyoIaXs 4Yacao a. Ho ecanm KaxIAyo H3B eIWHHLID IIO-
BTOPHTH CJaraeMHM® b pasb, T0 OHa OGpaTHTCA BB b; BCBX® TAKHEXT
eIEHAIS OHJIO a;, HTAKD a . b="b . a.

MokHO 3Ty TeopeMy [IOKa3aTh H HHAYe.

O6pasyemd TaGIHLy, COCTOAINYI0 H3B €NHHHLD, PACIOJOXKEH-
HHXD BB b NOPH30HTANBHHXB CTPOYKAXh II0 a eHHHALG BB KamJOi:

a pas3b
1+14+14. .. . .41
1+1414+. . .. .41 g
14141+4. ... .F1¢ &
b O L R s =

CyMMy BeBXD eJUHHNB, 3aKI0YANINUXCA BB 3To# Tabauns,
MOXKHO OIpPeXBJHTH ABOAKAMDB 06pPasoMb:

1. CuATas 1m0 ropH3OHTAJBHHMB CTPOYKAMB, BHAUMB, 9T0 BB
KamAO0i CTpOoKB 3aKN0YAETCA a eJHHEIH; BCEI0 TAKHXBD CTPOYEKD
aMBercsa b; mrakd, 00mad cyMMa paBHA @ . b.

2. Cumrad 1O BePTHKAJBHHMB CTOJNGLAMB, BHIHEMB, YT0 BB
KamAoMB cTon6ul sakaouyaerTcd b eNHHHIIB;, BCero TAKHXD €TOJIG6-
noBs EMBercd a; MTaKb, o6mad CyMMa paBHa b . a.

Ho MH 3HaeMs, 49T0 BeJHYHHA CYMMH He B3aBHCHTH OTH HO-
PALKa CIaraeMHXb, a NOTOMY

a.b=>b.a, 4To ® Tp. HOK.

I13. TEOPEMA. [inn Toro, 4To6bi yMHOMNTS CyMMYy ABYXb WANM Wh-
CHONbKMXB YMCEA® Ha KaKkoe-HKOYAb 4MCANO, AOCTATOYHO HAMAOe W3b
cnaraemMbiXb YMHOMHTb HA TO-ME YHCAO M NMONYYEHHbIA NPOM3BEAEHIn
CROMMHTD.

Tpebyemen doxasamv opmyay:

(@a4b).e=a.e+Db.c?
Ha ocuopanim onpenbienia ymHoxeHis (§ 11) MOXKHO HANHCATE:

(a+b) . e=(@+b)+(@+b)+. . . . (a4,

¢ pasb
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oTkyzna, BeabcTBie HeMaMBHAEMOCTH CyMMH 0TH nepeMBEH NBCTH
CHAraeMHX B!

(a+b).e=a+a-t. .. .t+at+bt+bt. .. . D

¢ pasb ¢ pasb

HIH, HAKOHEIB:

(b)) .c=a.c+b.c 970 H Tp. JOK.

14. PaBencrso, BHBeeHHO® BB NpeJHAYLUIeMD maparpadb:
(a+b).e=a.c+b.c

MOXeTh OHTh BHDPaXeHO CIOBAMH elle Takb: I[Ipoussedenie cymmni tim-
CROMKULD OANNLITS YUCEAD NG KAKOE-HUOYOL YUCAO PABHAEMER EYMMM Npo-
U3GCOCHIE -OGHNDITD WUCELD WA MO HCE UUCHO.

9TO XKe PABEHCTBO MOXKHO IIePelHCaTh TaKb:
a.ct+b.e=(a+tb).c

H TOIJia OHO BHPAMRAETD, UTO CYMME MPOUISEOEHIHE HICKONSKUTS YUCLHD
HA O00HO U MO-008 YUCIO DPABHA NPOUIBEOLHIID CYMMbE SMULTS UUCEAD HA
MO-HE CAMOE WUCKO,

I5. TEOPEMA. Jina Toro, 4to6bi yMHOMHTE 4YHCAO HA CyMMy w-
CHONBKHXD YHCEN, AOCTATOMHO YMHOMMTS ©ro OTABABHO Ha KawAaoe
CAAraemoe W pesynbTaThl CAOMMTS.

Ipebyemen doxasams, wmo

¢c.(@a+b=c.atec.b?

Mu smaen®, 4YTO BeJMYHHA IPOH3BeJeHIA ABYXH YHCEND He
asMBEAETCA OTH INePeCTAHOBRA NpOH3BoAMTeNel (§ 12), a MOTOMY
Gopuyaa

(@+b).c=a.ct+b.e

MOXeTHh OHTH NepenHeaHa TAKB:

¢.(@a+b)=c.a-4-ec.b, uTo @ TP. HOK.

16. TEOPEMA. [inn voro, 4Tolbi yMHOMMNTL PasHOCT HA HaNOe-
HNOYAb YHCAO, AOCTATONHO YMHWOMMTD WA 3TO YHCAO OTABALHO ymewb-
WaeMO0e M BbIYHTAGMO® W BLIYeCTh BTOPOe MPOMIBEAEHie 3L NMOPBATS.

Tpebyemesn dowasamv dopuyry:

(a—b).e=a.e—b.e?
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yers a—b—d; Torna (§ 3) a=b| d.
YuuoxaeMs 065 yacTH NoCABIHATO paBeHCTBA HA C.
a.c=((b-1d).e=b.ct+d.cg
OTCI/Ia 3aKI0YaeMb (§ 3), 4TO
d.e=a.c—b.c
WJIH, TOACTABAAA BMBCTO d ero sHayeHie a —b:
(a—b).c=a.c—Db.ec, 9T0O H TP. JOK.

I7. PaBencrso, BHBeIeHHOe BB IpeAHIYIEeMDH naparpadb:
(a—b).e=a.c—b.c

MOXeTh OHTh BHDAKEHO CJ0BaMU emie Tak®: Ilpoussedewie paswocmu
08YTs UUCENs HA KAKOW-HUOYOL MHONCUMEARA PASHO PAIHOCMU NPOU3LLOEHTil
IMULD YUCCAD HA MOLO-HCE MHOWNUMELA.

JTO JKe PABEHCTBO MOKETH OHTH NMEPeHHcaHo0 TaKb:

a.c—b.ec=(a—b).¢c

H TOPJa OHO BHPAKACTH, YTO PAHOCMb MPOUIEEOEHII 08YTS UUCCND HA
00HO10 W MO0 Hee MHONCUIMEAA PABKG MPOUIBCOLHIIO DAIHOCIIU FMUTD -
CeAD HA MOW=-HCE MUONCUMEAR.

I8. TEOPEMA. Jlna Toro, 4To6bl YMHOMNHTL YHCAO HA PAa3HOCTH
AOCTATOMHO YMHOMMHTL €ro MOPO3Hb HA YMeHbWAeM0e M HAa BbiYHTae-
MOE M M3b NepBaro pesynbTaTa BbIYECTb BTOPOM.

Tpeoyemen Odoxasamsv hopriyry:
¢.(@a—b)=ec¢.a—ec.b?

Dopmysia 3Ta TOJIYYaeTCA HEMOCPEJCTBEHHO W3B TOJBKO YTO
BHBeJIeHHOH HOopMYJIH: '

(a—b).e=a.c—b.e¢

IpAHAMAA BO BHUMaHie TeopeMy 0 HemaMBHAeMOCTH IPOmMSBeNeHis
ABYX'> YHCEAH OTH NMEPECTAHOBKH IpomaBopuTeneit (§ 12).

19. ITpoussedeniens mwexomnurs wucexs Ha3HBaeTCA Pe3yJBTATS,
KOTOPHH NOJYIATCA, €CAH YMHOMKATH IlepBoe HM3H YHCEeA> HA BTO-
poe, TOJXyYeHHOe IIPOM3BeJIeHie HA TpeTbe, 5TO NpPOH3BeIeHie Ha
yeTBepToe H T. M., 10 TBX® mopb, MOKa He NOEAEMP M0 IMOCABAHATC
YHCJIA.

TakaMb 06pas3onM’s, Npom3BeleHie ymceas a, b, ¢, d ecTh pe-
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8yJLTATH, KOTOPHH HaiileMb, eCaH YMHOXHMD & Ha b, HalifeHHOe
HpoH3BeJcHIE YMHOXHMD HA ¢ W B5TO HOBOE [IpOH3BejeHie Ha d.
O6osHagaercs 310 xBiicTBie cabayommys 06pasoM’b:
aXbXexXd mana a.b.c.d
H YHTAETCA TAKB: a, yMHuodxcennoe na b, ymnoacennoe na ¢, ymmoscenunoe wa d.
Yucaa a, b, ¢, d Ha3HBANTCA NPoussodumerayu UIH COMMONICUME-
AAMu AHHATO NPOH3BeJeHid.
Ecnm npomssesieHie HBCKOABKEXD COMHOMKHTeJel 3aKIOYeHO
BB CKOGKH, TO OHO Pa3CMATpPHBaeTCs, KaKb oduws MHOKHTeNb. Tarb
HAlp., IpoHu3BeJeHie '
a.b.(e.d).e

HpeficTaBIAeTs NPOH3BEJeHie He IATH, & BCEro YeTHpPeXs MHOMKH-
TeJiell, npHYeMDb BHYHCIEHHHI pe3yJabTaTh Npon3Be/eHis (¢ . d) HALO
CYATATL TPETHUMB MHOMHTEJIEMb.

20. Herpymao y6BamThes, uT0, ecau ckoGxu cmoams Bb Wavanb
NPOU3BEVEHIA, MO OHIL MOWMD (b OMOPOUEHBL (0I5 BCAKALD USMIBHEHIA
65 mocandosamervwoms xodn oOnitemsia. Bp camons aba, mamp., kax-
noe 3B npomssenefin

A B RS SR ) T e R
03HAYaeTh OOHO H TO-Ke: a YMHOMKaeTCA Ha b, [I0JIy9eHHOEe NpOom3-
BeJieHie HA ¢ W 3TO NpOH3BeJeHie Ha d.

Orcoia MOKHO BHBeCTH cakbayomee o9eHb BaXHOe JAA JAJb-
ghimaro HadokeHig sagioverie:

B3 mpoussedeniu.  xaxoio Yr00HO UUCAA COMHONCUMEALTT MONCHO, HE
HUPYUIAA NOCANLOOBAMEIWHAL0 T00a ONIHUCINGIA, NPOUIBOABHOL UUCKO MHONCU-
medeii, HAYMHAR Cb NEPBAro, JaxAOU@Mb 6% CKOOKU, M. €. PAICMAMPU-
samv, KaxKs 00UND MUONCUMECAD,

H nao6opoTs:

CrofKu  3OKXIOUAIOUIA  CKOALKO  Y0O0HO cOMNONCUMEAell, HAYHHAA Cb
nepBaro, Mowyms Ouims omOpowenst (e3s BCAKAL0 BMANIA HA NOCAIHIOEA-
measublii 00w Owilcmeid.

Hpusinvanie. Herpyauo yobauTees, 910 3aRavcHie Bh CKOOKH HBCKOABKHXD
MHEOKHTETefl (He HAYHMAR Cb -NePBAre Hab HHXD) HsMBHACTH nocKhIORATEALHEA

XO4h BBIMHCIGHIA H I0TOMY 10 JOK23arTedbcTBa TeopeMil § 25 He Momerh OlTH
JONYCTHMO.

Bs camows gbak, pascuarpHBad, HAUp., NpousBegeHin:
a.b.c.dna.(b.c).d
BHAMMB, UTO BB MepBOMB cayyab @ yMHOkacTca cmepsa Ha 0, a noayyeHHHA pe

SYJABTATH HA €, TOTJA KaKB BO BTOPOMB CAYY9aE 4 YMHOKAGTCH HeOocpe ICTBEHHO H2

BH'HCACHIOe yke 3apanfe npouasejenic (b . ¢), 4T0, NOKA HE NOKA3aHO POTHBHOE,
8 MOKETH CUHTATBCA 34 OJHO H TO-Ee. .
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2|. TEOPEMA. Benwywsa npOM3BeAEHIA HKaKOT0 YrOAHO YWCAA
MHOMMHTENeH He M3mBHAETCA OTH NepecTaHOBKM NPOM3BOAMTENeH BbL Ha-
KOMb Yroano mopaakb.

JlokagaTenbcrBo 3ToH BasHOM TeopeMH pasybigercs Ha IIECTh
ROCHB/I0BATEIEHHX YacTell.

I. Ilpoussedenic BBYX® MHONCUMEAEil HE MPHACMCA OMD UTH MNEpPE~
CMANOBKU,

T.¢e.a.b=b.a

Teopema aTa GHia yiRe jAoKasaHa (§ 12).

Kpout napyxs ofmenspBeTHEIX® NOKABATEAbCTED 3TOH TeOpeMul, NpHBeJeH-
HEIXE BB § 12, cymecreyers euge cabayomee, He JAIICHHOe HHTepeca NOKABATEMD-
€TBO, UpHEALIeKAIee HapEeTHOMY ¢paniyscroMy reoMerpy Jlemanapy:

Ecan a pasno b, To, oueBmjHO, 9T0 @ . b =Db . a; noaromy myers, Hamp., G
Goapme b, W nycrs pasmoets a—b—¢, T. &. a=bt}e.

Torana nwhems:
a.b=@0b1+e¢).b=b.b+tec.b m
b.a=b.@b+e)=b.b+b.ec (1

Ecam HaMB yAacrcad IOKAsaTh, 9YTO JJd ABYXH HHCEXh b H €, Menduiuxs
unMs a, npousseneHie ¢.b=".¢, To usn pasencrss (I) u (I[) 6yxers moxasamo,
gto @ . b=0"b.a. Ho -ups b=1 » ¢—1 nponseenenia be u ¢b 04EBHIHO PABEH;
cxba, Ha ocmoBamin paseHcerss (I) ® (II) Teopema mokasaHA AuA IHCENB 2 H 1
caba. ® pad dHcen®s 3 ® 2. . . . H Boofme AJaA KaKHXB YrOJHO YHCENB.

11. ITpoussedenie TPeXb MHOJNCUMENEH HE USHILNAEMCA OMb Nepecmas
HOBKU 08YTD MOCALOHULT.

Tpebyemea doxasame:

a. b.e=agsc:b?

Hammoien® Tagyo Tatauimy:

b pass
at+at+at. . .. .—;—a] o
atatai.....jai
o oib gk o el

B sT0if Tabaunh 9HECIO cAAraeMHXD BB KAXN0H rOpH3OHTANB-
Hofi cTpoks paBHO b, a 9MCIO TAKAXDB CTPORD C.

CyMymy BCEX'B YHCEN'h, TOMBIEHHHX'D BB 3TOH Tabauub, Mox-
HO HAfTH IBOAKHMD 06pa3OMB:

1) CknanuBasd NO TOPH3OHTAIBHHMB CTPOYKAMD, HAXONEMD,

uTO0 CyMMa YHCeN'h, HAHCAHHHXD BB KaXA0H cTpokB, paBHa a . b;
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TaRb KaKb 9YHCJIC BCHXD TAKHXB CTPOKD PaBHO ¢, TO OOINAs CYMMa
BCBX'B YHCe.'h, HAHCAHHHXD BB 3ToH Tabamih, ecTs:

d 0 C
2) CruanHBasg N0 BePTHKANBHHMD CTONGLAMD, HAXONUMB, ITO
CyMMa YHCeN'h, HANHCAHHHXD BB KaKIAOMD CTOAOL'B, paBHA a . ¢

TaKh KaKb YHCIO0 BCBXB TAREXD CTONGIOBE €CTh b, TO 06IIAH CyMMa
BCBX'Bb UnCeas BB TAOGARIB ecTh:

a.¢c.0h

Ha ocHoBaHi® 3aK0HA 00> HEHBMBHAEMOCTH CYMMH OTH HepeMBHEN
OOpANKa CJaraeMHXB (§ 4) 3aRI0YaeMB, 9T0 06 NOAYYCHHEHA CYMMEL
PaBHH, T. €.

a.b.c=a.c.b, 9T0 H TP. JHOK.

111. IIpoussedenie KaKoi0 Y100HO UUCHE MHONCUTNERETE HE UIMIBHACMET
0B NEPECTNANHOEKU 06YLD MOCABONUTD UID HUTS,
Tpedyemea doxasamo:

7 R R e Ry O e ek e, RS T TR R |

Taxkd Kar®s IpoH3BeJeHie CKOJIbKHXD YroAHO MHOMKHTEJECH, Ha-
YAHAS CBH (€pBaro, MOXHO 3aKIANYATh BB CKOGKH, T. €. PasCMaTpH-
BaTh, KAK'D ONEHD MHOKHTEND (§ 20), TO 3TOTH cayvall MPHBONATCH KB
npefHAyIeMy caBayomEMD 06pa3oMs:

G, TR b= T, U B s,
noca’t gero noaydaeTrca nponaaenelﬂe TpexXsd MHOXHATeJeH:
D) ilesibsic s, S 3w
9T0 10 NpPeAHAYIEMY MOXeTh GHTh NepPelNHCAHO TAKS:

TR DA R e ey B e A
Hrakns:

U Rn o e S IS0 T TN R PSRN | R

=a.b.c¢s. . .k.mn.l, 910 K TP. AOR.
1V, Ipoussedenie xaxowo Y00HO YUCIE MHOICUMEAEH HE USHIVHAEMCS

0B NEPECINANOBKU V8YTD NEPEITS,
Tpetyemen doxasamy:

S R e ey S Y ST £ Ry
- Ha ocroanim § 20 muiieMs:
a.b.e.d. .. .k=(@.b.c.d. .. % (AAE Ha OCHOBANIN

§12)=0.a).c.d. . . .k=b,a.c.d. . . .k 970 ETP. ROF>

-
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.V Ipoussedenie xaxo10 Y00HO HwcAQ MHONCUMENEH HE UIMIBHACMCR
OMB NEPECMANQEKU 08YTH CMEIHCHBITS MHONCUMEALIL,

Tpebyemea doxazan:

T T o W T T Ty e ey, M of B CIORT TR v

Sarao9aeMb BB CKOOKH CTOJBKO WIEHOBH, HAYHHAA CB Iep-
Baro (§ 20), YTo6H MOCTBIHMME MHOKHTeNAMHE BB 3THXDH CKOORAXD
OKAsAJIHCh THB B4 MHOMKHUTENA, KOTOpHe Tpe6yerca mnoMBHATE MB-
cramu, mocah vero Ha ocHoBauim III yacTH MOKA3HBaeMOH TeopeMH,
MONYYEMD TO, UTO TpeGyeTcs INOKasaTh:

i B e AR T B b i B e R R g BT RRGT T T
= D Cr .. bk oM m=—a.b._¢c. .. .l ETmon, I
Tp. JOK.

VI. Ipoussedenie %axoto Y0010 HUCAHA MHONCUMEALT HE USHIBUACMCA
2MB MNEPeCManosKu NPoussodumereii 65 KaKoMs Y1000 NOPAOKID.

Bb camoms abab, pascMOTPEM® NpOoH3Be/eHie, MHOKHTEIH KO-
Toparo Hammcans BB HBRoTOpoM® ompexbaenHoMb mopsiarb. Tars
KaK'b KaXIHH MHOMKHTENh MOMKHO MBHATP MBCTaMH CO CMEKHHMD,
70, B3ABB KAKOTO HEGYAb W3 MHOKHTENEH, MOKHO IIEPECTABHTH €ro
#a omHO MBcTO BOpaBO WM BaABBO, NOTOMB IEepPeJABHHYTH €ro BB
JReNAeMOMD HAllpaBJeHiuM eme Ha ofHO MBCTO, MOTOMB elle HA OAHO
g T. I, T0Ka, HAKOHeI[h, OH'h He 3aiiMers mesaemaro mMBera; To-ke
MOXHO CIBJATh €O BCARAMD ApPYrHEMb, TPeTbHMB H T. [. IIPOH3BO-
nATeneNM®, A0 TEXB® mops, moka Bek oHEM He GyAyTH pasMbBiieHH
BB KeJaTeJbHOMD mopaarb.

22. TEOPEMA. [inn Toro, 4To6bi yMHOMMTb NPOM3BEAEHIEe CKONbL-
HWXD YrOAHO MHOMMHTENeH HA Haxoe HMOyAb 4MCAO, AOCTATOMHO YMHO-
MHTb OAHOrO M3b NMPOM3BOAWTENEH HA 3TO YHCAO.

Tpebyemen doxasamo:

@ bie.d) . N=fa:N).b.e. d=a.(p. N .cod=

=a.b.(e.N).d=a.b.t.(d.N)?

JlokasaTeabCcTBO OCHOBaHO Ha 3aMBuamim § 20 m Teopemb § 21.

Bp camoms nbBab, Ha OCHOBAHIM yKasaHHHXB NPABHID MOKEMB
moesBA0BATENBHO IIACATE:

(g.b.c.d) . N=a. b.o.d . N=o . N_ble,d=
e (A e T :
T=e. YMHORHICA MHOKHTENb @, OCTABIIHCEH HA CBOEMD I1ePBOHAYANB-
#0MBp MBeTh.
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Ham eme tars:
@b cid)  N=a b e, d - N=b. N a,e;d=
=0 :N).a.¢c.d=a.(b.N).c.d,
T. €. YMHOXHJICA MHOMXHTeIb b, OCTABIIHCH Ha TOMD ke MBerh.
Hanm, maroHens, Tak'b:
{a.b.c.n’)..\'-_—.:r:..b.c.du\":c._\'.a.b.d=
e=fe Ny .V d=06.0.1. N).d
T. €. YMHOKHJICA MHOMKHTEJNb ¢, OCTABLIIECH HA& CBOEMB [I€PBOHAYAJL-
HOMD MBeTB m T. I

23. TEOPEMA. [ina Toro, 4To6bi YMHOMMT HYHCNO Ha NPOH3BeseE-
Hi@ CHOMbKMXB YrOAHO MHOMMTENeH, JOCTATOMHO YMHOMMWTL ero nocnt-
AOBATENbHO HA KAMAAr0 H3bL HHXb.

Tpebyemen doxazame:
N.@a.b.c. &y=N.a.b.e.d?

JloKa3aTeqsCTBO OCHOBAHO Ha TeopemB § 21.

Bn camom®d mbaB, pascmarpmBag N . (a.b.c.d) Kawp npo-
H3BeJleHie OBYXDP MHOMxHTeded N H (a.b.c.d), MOXKEMD IHCATH
nocaBoBaATEIBHO TAKS:

N @ b ow, (0 e iy s N—=a . b i g N
—N.a.b.c.d, uTo B Tp. HOK.

24. TEOPEMA. [ina Toro, 4To6bl YMHOMMTL NpOW3BEAGHIE HAHOTG
Jro4HO uMcna mHoMMTened wWa WhKoTopoe Apyroe npoWsBejeHie, pocTa-
TOYHO COCTaBMTb HOBOe MPOM3BeAeHie W3b BCHXL MHOMHTENneH, BXOAA-
wHxs Bb 06a AaHHbIA.

Tpedyemen doxasams:
(a.b.e.d)y.(m.n -p)=—a.b.c.d.m.n. p?
PascmaTpuBasg (a.b.e¢.d) Kakbp HEBROTOpOE YHCIO, MOXEMDB
Ha OCHOBaHIE IpeJHAYyIell TeopeMH HANHCATE:

(abie.dysm.n.p)=@.b.ec.df.m.n.p=
=a.b.c.d.m.n.p, 9T0 H TP. JOK.

25. TEOPEMA. Bo BCAKOMB NPOK3BEAGHIH MOMMHO CHONBHO YrOAWe
comHOMMTeNEeH 3aMBHNTL BbIYHCNOHHON BENHYHHON WXL TMPON3BEACNIR.

JlokameN'B, HAIP., YTO BB IPOH3BeJleHiN
Qb e e
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MOXHO MHORHTENH ¢, ¢, [ 8aMBHHATh HXh BHYHCICHHHMD 3apanbe
mpomsBesieHieMs (¢ . ¢ . f),

T.¢. Y0 a.b.c.d.e-f=a.b.(c.e.f).d?

JIOKa3aTeNBCTBO 3TOM TEOPeMH OCHOBAHO HA TOMB COO6pakeHim,
9T0 ecJId GH TPOU3BOTHTENH, 0 KOTOPHXD HACTH PBYb (BB NAHHOMD CJIYy-
qalb ¢, ¢, ), CTOANA Ha nepsoms Mmemm, TO MPeJIoKeHie 6HI0 OH 0Ye-
BHIHO Ha ocHoBaHim § 20. Ho 3Hag, 4T0 mpoHasBejeHie He MBHAeTCA
OTB IePeCcTaHOBKE COMHOKHTe el BB KaKOMB YTOQHO HOpAnKS (§21), MH
MOXEeMD HyXHHE IPOH3BOJUTENH IIOCTABATH Ha mepBoe MBcro, 3a-
KAYATE HXB BB CKOOKH (§ 20) M IepeHecTH IOJyYeHHOe IIpOHM3Be-
Hemie, pascMaTpHBAGMOe YiKe, KaKb OJUHD MHOXHATENb, Ha KaKoe
yromgao MBero.

Hraks:

gaodbcer @ f=eit.Frasbid=(e. ¢ flaa bt
=g .{c.ef)sb.d;mme—a.b. (c.e.[). dNIHA
—a.b.d.(e.e.if), 910 H TP. AOK.

26. ONPEABNERIA. Esadpamoms wuaw emopoii cmenewsio UHCJA,
HA3HBaeTCA MPOH3BeJleHie IBYXD MHOMKHTEJEl, PAaBHHXD JAHHOMY
THCIY.

Ryboms waw mpemveil emenenvio YHCIA HasHBaeTCA NPOH3Be/IeHie
Tpex’s MHOKHTeNeH, PaBHHXD JAHHOMY YHCIY.

Boobwe, m-080ii CcMENeHBI0 UUCKA HAIHIBACTCA NPOUIBEOEHIE T MHO-
dicwmeaneli, pasnuirs 3MOMY UUCKY.

Yucao, IOKasHBalINee, CKOIbBKO pash [JaHHOe YHCIO YMHO-
JKaeTcsA Ha CaMOTo celsf, HASHBAGTCH NOKASAMENEME CIENneHU.

Jan maobpameHis CTelleHH CYIIeCTBYeTH 0C060e 3HAKOIOJO-
JKeHie: NHMIYTH [JaHHOe YHCIO0 ¥ HaJh HUME CTABATH CBEpPXY Chb
OpaBoil CTOPOHH II0OKasaTeJd cTemeHH. Tak® Hamp., a® 03HAYAETH a

s mamoil cmeneww W PABHO HA OCHOBaHIH ompejBieHis npoHsBeleHI
OATE MHOKHTeJel, PaBHHXD a.

27. TEOPEMA. Mpouseenenie creneHed OAHOro W TOro-mMe 4HCna

©CTb CTeNneHb TOro-#e 4YHCAA, MOKasaTenb KOTOPOW paseHsb cymmb no-
Hasartened LaHHbIXL CTeneHew.

Tpebyemen doxasamu:

am ., gt —gqmtn 2
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Ha ocHoBamim ompexfieHis cTemeHH YHCJIa W TeOPeMH 0 Ie-
peMuoMkeHim JBYXD NPOom3BeeHid (§ 24) MOKHO HANHCATH:

m pash n pasb
a" ,"=@.a.a. .., .a).(@a.a,a. ... .0)=
m--n pasb
=a.6.8.6. .. .a=a" ", Y70 B TP. JIOK.
FJIABA IIL

Dtnenie ubneixv uyucens.

28. ONPEABNEHIA. Pasgbnuts ubnoe uwcno wa apyroe ubnoe
3HAYMTD: WAH COCTABHTL M3B NMEpBaro 4YHCNa CTONbKO PaBHbIXD 4acTe,
CKOABKO BO BTOPOMB COAGPHMTCA EAWHMUDL, M BbIYHCAHTD BENHYMHY
HAMAONH YacTH, WAH-HE YSHAThb, CHONbKO Pash BTOPOE YHCNO COLEPMHTCA
Bb NEpBOM®b,

Y@cao, KoTopoe ABAHMEB, HA3HBAETCHA OrbauMbiMs; 9HCI0, HA KO-
Topoe ABIEMB—Onaumerens, MONyeHERIE 01D Xbaenia pesyasTars—
YACTHBIMS,

HBnenie o6osHavaeTcs OGHKHOBEHHO IBOEeTOYieMd (), KOTOpoe
NPOMBHOCHTCH ,Ondennoe wa®, Hamp. a : b 4mTaercs: a, dnaennoe na b.

29. Tax® rawp niasa nbiteTeia nbaenia mamwo dsoaxce onpedivae-
#ife, TO HEOOXOJAMO PasbACHHTH 06a 3TH Ciayyasd.

TTonoxuMs, BO-IEPBHX’B, 4TO Tpelyercd paan'ﬁnmb' a HA b
PaBHEHXD dacTedl W onpefBiHTh BeJMYAHY KaMRI0H dacTH *).

B® sTOMB cayyaB 4yHCa0 a COCTOMTH H3B b PaBHHXDB, HO IIOK&
ele HeH3PBCTHHXB dacTell.

Ecnr 6H MH 3HAJH BeJHYHHY KaMI0H YacTH, TO, OYEBHIHO,
B8ABH. €e b pazh, MH NOJYYHJH GH 4HCIO a. [[pyraME cjoBaMmy,
YMHONCAA NACNOE HA OBIUMERA, MbL NOAYUUMB O0NAUMOE,

Htax®s, s nepBoMB® caydab nbiaeria dnausce eemv npoussedenie,
66 xomopoMs REANTENb ecmb MEOMMKTENAb, G UCKOMOE YACTHOR— MHOMHMO®,

IlomoxEMB, BO BTOPHXB, 4T0 Tpebyercda onpenBiutsh, CROJLKO
Pass uHCIO b codepacumen **) pp uHCHB a.

= =
*) Banaua diseHiA Na wACHU,
*¥) Bagaua abaenia 6s cancan COJEPICANiA.
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B® atomd cayuab, 4Hcao ¢ cocTomTh H3H HemanbeTHAaro umeaa
yacrell, kamnas H3b KOTOPHX'B paBHa b.

Ecam 6H 4ucao 3THXD Yacredf 6HJ0 HaiijeHO, TO, MOBTOPHBSH
YHCJ0 b caaraeMHEMB CTOJNBKO Ppasb, CKOJIBKO BB 3TOMB HaMIeH-
HON'D YHCAB CONEpHKHTCA eJHHEID, MH NOJNYYHJAH OH, O0YeBHIHO,
OHATH YHCIO0 a.

JpyTHMHA CHOBAMH, yMMOJNCAA OWAUMEAR HA HAUOCHHOE YACMNOE,
noAYUUMs OrAuUMOE,
Hraks, B0 BTOpoMB caydal abaenid, owaunoce ecmr npouseedenie,

e womopons RBAMTEN ecmn MHOMHMOE, a uCKOMOE YacMHOE — MHO-
WHTEND.

30. Comocrasiss ckazanHoe Bh IpeAHLymeNS naparpadh orHo-
CHTENBHO OGOHX'B Cay4YaeBd ABieHis, MOKHO BHBECTH 3aRJIIYeHie:

Abnenie ecto abicreie obpaTHoe ymHOMEHIIO: NPH NnoMOWM ero no
A2HHOK BenwuMHb npowssepenia AByxn> uucens (abnumoe) w oanomy

H3b npoussoauTeneit (AbauTenn), HAXOAATHL BENHYHHY APYrOro MPOM3IBO-
AnTena (Macruoe).

[Mocabauee ompexbienie npexacraBiasfeTrs TO YA06CTBO, YTO
JlaeTh BO3MOKHOCTh NPHBECTH 06a cayuasd aBieHis Kb OAHOMY.

Bs camoMs abab, Buuie GHI0 yme M0KasaHO, 4T0, He HaMB-
HAA BeJUYHHH IIPOH3BeJeHid ABYX'D YHCeNB, 0(e3pasimyHO Kakoe
H3b HEXD [PHHATH 33 MHOXKAMOE H Kakoe 33 MHOXKETeIb (§ 12).
CabpoBareanro, npE AbJaeHiE ABYXD YHCEND écerda MOMHO pascrmam-
pueams U}M‘HHI(’M, KAKD MHONCUMOE, A UCKOMOE UACMHOE, KAKD .inw.xm-
meas dannaio mpouseedenia (OmaUMNaAL0).

IToaTOMY MOMRHO CRA3ATH, UTO pasdmiuniv—HANUMS 6CE10a YsHams
CKOAVKO PAZs O1AUMERs COOCPICUMER 63 OIBAUMOMD,

[IpuBogs TakEMB o6pasoMs NepBHil cayvail nbaemia ko BTo-
POMY, MH u3invuAeMs cMbleas 0iilemsin, HO UACMHOE 66 000UTS CAYYARXS
OnmAeHiR OCMAEMEA HeusMmunbiMe, & HACH TOJBKO 3T0 H HHTEpeCyeTs.

3|. Pasgbass ommo wmcno Ha Apyroe, HAUp. ¢ Ha b, MH He
BCerja HaiileMd Takoe IrBioe 4Ymca0, NpoM3BefieHie KOTOparo Ha
xbamTeNs BB ToYHOCTH paBHO abammomy. B sroMs cayuad mu
OyneMs HCKAaTh ABa HOCABAOBATENbHHXS *) IWEIHXD YHCHA ¢ B ¢--1,
TAKHXDB, 4YTO6H npomsBefeHie ¢ .b 6HI0 MeHbINe ABIEMAro a, a

¥) T. e. oTamyawINXCA OXHO OTH APYTOro HA OXEY eANHELY.
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npomapenienie (¢}-1) . b GHA0-6H Godplie a, T. €. THCJAA BTH ¢ W
g+1 HOMMHH YAOBJETBOPATH HEPABEHCTBY:
g.-b<a<(q+41).0.

Yucaa ¢ ¥ ¢g-}1, yAeBIETBOPAOIIA TAKOMY YCJIOBiD, HA3H-
BAIOTCA SMAUENLAMU UACMHALO CB MONHOCH IO 00 edunulbl, TPAYEMD YHACJIO
. g UPeACTABAAETD wedocmamownoe, HCIO HKe g-1—wusduumounoe BHA-
9eHie YacTHAro.

HepocraTounoe sHadeHie YaCTHATO HA3HBACTCA TAKKE w10l
MaACMbI0 NacmHA0 0ms OwAenia a Ha b.

Hrars, Moxuo cabaate cabayouiee onpepbnenie:

LiBaoit vacTeio yacTHaro otb gbaenia a wa b waswiBaeTca HanboNL-
wee ubnoe ymcno, npowssepenie wotoparo Ha abaurens menbwe gb-
NWMaro. 5

Hamp., ecam Tpe6yerca paspbaute 39 Ha 5, T0, 8Had, UTO

5.7<389<5 .8,
BAKNIOYAEMD, 9YTO uNIGA uacms wacmuaro OTH HCKOMaro nbieHis
paBHa 7.

Tarxe baas gacTe vYacTHaro orp Abuaenia 95 Ha 11 paBHa

8 H T I .

82. Ilonomuns, TpeGyerca pasgBimTh ¢ Ha b, B mycTs Ihias
YACTH YACTHAr0 OTH HTOro ABaeHis paBHA g.

To-ae caMoe YacCTHOe g MH IOJYYHIH-OH, eCHH-6H TpeGOBAIOCH
pasnBanTh Ha b HE 9HCJO0 4, & YHCAO ¢ . b, MeHBINee 1O YCJAOBiD,
TEMT a.

Orciona BEAHO, 9T0 AiA moaydenia ubaoll gacTE "acTHAro, MH
Abaavs Ha gbadtens b Rakb-6H He Bce TBAEMOe a, HO JHIIL
9aCTh €ro, paBHY® ¢ . b, H 470 HBroTOpad 4acTh WHCIA a, paBHAA
pasHOCTH (a—gq . b), ocTaeTca We pasabiaenHol Ha b; 3ra JacTh nB-
JIAMAr0 HA3HBAETCA ocmamxoms oms Omtexti a wa b,

HasBapb 3TOTH OCTATOK® OyKBOH r, HMBeMB:

a—q.b=r,
OTKyJa, Ha ocHoBaHim onpexbiemia ThblicTsia BHYHTaHIA, mouy-
yaeMd (§ 3):

a=q. b + 7,

470 JaeTh CABAYDILY BAKHYK 3aBHCHMOCTD:
Abaumoe pasuo npoussepenio abaurens ua ubnyio vacre wacr-
HAro MAKCHL OCTATOK® *).

*) Br sactHoM® cayuad, xoraa xBaenle ¢ ma b momers OmTE BHOUONHenc
fie3h  CraTKe COBOPATH, 9TO OCTATOKD PAGENS HYH0.




















































































































































































































































































